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STRESS STATE OF COMPRESSED REINFORCED CONCRETE
ELEMENTS CONSIDERING CREEP AND INFLUENCE OF AN
AGGRESSIVE ENVIRONMENT

M. Bekirova'
'0dessa State Academy of Civil Engineering and Architecture

Abstract: Problems associated with the joint long-term action of load and aggressive
environment, both in limiting and over-limiting states, are studied bad. Such a combination leads to
degradation of materials and changes in the stress-strain state of reinforced concrete structures over
time. In case of joint action, they can have mutually increasing damaging effect. Among the many
environmental influences encountered, the most aggressive in relation to concrete on cement binder is
the impact of sulfates, and in relation to steel reinforcement — the impact of chlorides.

It is shown that the stress-strain state of reinforced concrete compressed elements with regard to
creep and influence of aggressive environment is formed in time.

The deformation in concrete and reinforced concrete compressed elements depends on the stress
level. If the stresses are less than the long-term strength, the deformations in time are attenuated, when
the stresses in concrete are greater than the long-term strength, the deformations increase.
Reinforcement restrains deformations in concrete, while corrosive medium increases creep
deformations.

When solving these problems we encounter internally statically indeterminate systems. The
degree of static indeterminacy is greater than in the case of calculation of reinforced concrete
structures without taking into account the influence of the external environment. When the process of
soaking is considered, it is possible to consider the influence of the external environment as not
aggressive.

A solution to the problem using the theory of elastic heredity has been obtained, but it can be
shown that a solution using other theories - the theory of aging or the hereditary theory of aging - is
also possible.

The above solution is true for reinforced concrete elements exposed to external influences at a
sufficiently mature age, which can be considered one year or more from the date of manufacture of the
structure.

Keywords: concrete, reinforcement, creep, long-term strength, aggressive environment,
deformation, theory of elastic heredity.

HAINPYXEHO-IE®OPMOBAHUN CTAH CTUCHEHHUX
3AII3OBETOHHUX EJIEMEHTIB 3 YPAXYBAHHSAM
HOB3YYOCTI I BIVIMBY A'PECUBHOI'O CEPEJJOBHUIIA

BekipoBa M. M.

1 . . .
Oodecvka Oepoicasna akademis 6yOieHUYMEa ma apximexmypu

AHoTanisi: 3amauyd, CBs3aHHBIE C COBMECTHBIM JJIUTENBHBIM JIEHCTBHEM HAarpy3ku H
arpecCUBHON CpeJbl, KaK B MPEACIbHBIX, TAK U 3aMPEACNbHBIX COCTOSIHUSIX, U3yUYCHbl 3HAUUTEIHLHO
xyxke. Takoe coderaHue NPUBOAWUT K JErpajalid MAaT€pUaloB U U3MEHECHHIO HAIPSHKEHHO-
ne(OpPMUPOBAHHOTO COCTOSIHHS JKEJIe300€TOHHBIX KOHCTPYKIMH C TE€YeHHeM BpeMeHH. B ciydae
COBMECTHOTO JICHCTBHS OHHM MOTYT O0JIajjaTh B3aMMHO YCHIIMBAIONIUM ITOBPEKAAOINM 3PdeKrTom.
Cpenn MHOXKECTBA BCTPEUAIOIINXCS BO3MEHCTBHU Cpeapl HanOoJiee arpecCHBHBI IO OTHOIIECHUIO K
0CTOHY Ha IIEMEHTHOM BSDKYIIIEM BO3JIECHCTBHS CYJb(aTOB, a M0 OTHOIICHUIO K CTAJIbHON apMarype —
BO3JICUCTBUS XJIOPUIOB.
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[TokazaHo, 4TO HampsKEHHO-AE(POPMUPOBAHHOE COCTOSIHHE >KEJIE300€TOHHBIX CHKATHIX
AJIEMEHTOB C YUETOM TIOJI3yUECTH U BIUSHUS arpeCCHBHOM cpenbl popMupyeTcst BO BpEMEHH.

Jedopmarusi B OSTOHHBIX U KENE300€TOHHBIX CKATHIX DJIEMEHTaX 3aBUCUT OT YPOBHS
HanpspDKkeHud. Eciii HanpspkeHus: MeHbIIe JTUTENTFHON MMPOYHOCTH, AeGOopMaIui BO BpeMEHH
3aTyxaroT, KOTJa HampspkeHUs B OeToHe OoJblle UIMTENBHOM MPOYHOCTH, AehopMariiu
YBEIIMYUBAIOTCS. ApMarypa caepkuBaeT nedopmaliiu B 0ETOHE, B TO BpeMsI KaK arpecCUBHas
cpeia yBenuuuBaeT JedopMaluy Noa3ydecTy.

[lpu pemeHny 3THUX 33734 CTAJKWBAEMCSI C BHYTPEHHE CTATHUYECKH HEOIPEIeIICHHBIMU
cucremMamu. CTeneHb CTAaTUYECKOH HEONMpeneNTuMOCTH Ooblie, YyeM B ciydae pacyéra
KEIe300€TOHHBIX  KOHCTPYKIMKA 0e3 ydu€ra BIuMsSHHS BHEImHEW cpeapl. Korma
paccMaTpuBaeTCs MpOIecC 3aMayMBaHMs, MOXHO CUMTATh BIIMSHUE BHEIIHEH cpelnsl He
arpecCUBHBIM.

[MonmyyeHo pemieHue 3aadd ¢ MCIOJIB30BAaHHEM TEOPUHU YIPYrod HACIEACTBEHHOCTH,
OJTHAKO MOXXHO IT0Ka3aTh, YTO BO3MOKHO PEIICHWE M C MPUMEHEHHEM JPYTUX TEOPHH —
TEOPHUH CTapEHUs UM HACIIEACTBEHHON TEOPUU CTAPECHUS.

[IpuBeneHHOE pelIeHue CIPaBEeIINBO IS KEJIE300€TOHHBIX JIEMEHTOB, TIOABEPKEHHBIX
BHEIIIHUM BO3/ICHCTBHSIM B JJOCTATOYHO 3PEJIOM BO3pACTe, KOTOPHIM MOKHO CUMTATh OJMH T'OJ
u 0oJiee ¢ MOMEHTA N3TOTOBJICHUS] KOHCTPYKIIHH.

Karouosi ciioBa: 6eToH, apMaTypa, MOJI3y4eCTb, JUIUTENbLHAS MPOYHOCTh, arpecCUBHAS CpeJa,
nedopMarus, Teopus yIpyroi HacIeICTBEHHOCTH.
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1 INTRODUCTION

Building materials that are used in load-bearing structures have the property of creep,
which, as we know, means the ability to deform over time under constant stresses. The
problems of calculating structures in such a formulation have already been solved. It makes
sense to consider cases of stresses change in time, namely periods of their increase.

Deformations and displacements increase with prolonged exposure. Over time, a limit
state can occur. Creep in this case shows negative qualities. But not always, for example,
during deformations caused by shrinkage, temperature changes, irregular settlement of
supports, stresses are attenuated, relaxation occurs. In reinforced concrete structures there is a
redistribution of forces. The forces in concrete, as the weaker material, are redistributed to the
reinforcement.

Some building materials such as concrete, wood, plastics have aging properties. They
change their physical and mechanical properties over time. In concrete, aging is a
consequence of hardening of cement stone and manifests itself as an increase in strength and a
decrease in deformability. A number of theories have been developed for the calculation of
building structures taking into account creep, the main ones being the theory of elastic
heredity, the theory of aging and the hereditary theory of aging [1].

2 LITERATURE DATA ANALYSIS AND PROBLEM FORMULATION

A great number of works are devoted to the study of concrete properties and its state in
reinforced concrete elements under various operational influences. At the same time,
problems associated with the joint long-term action of loading and aggressive medium, both
in limiting and over-limiting states, are studied much worse [2]. This combination leads to
degradation of materials and changes in the stress-strain state of reinforced concrete structures
over time. In the case of joint action, they can have a mutually reinforcing damaging effect [3-
4].

Let’s note the works [5-14], where it is shown that among the occurring environmental
influences the most aggressive in relation to the concrete on the cement binder is the impact
of sulfates, and in relation to the steel reinforcement - the impact of chlorides.

The interest in the problem does not decrease, as evidenced by a number of modern
publications. Thus, the creep of concrete at the macroscopic level and consideration of its
influence on the structural behavior of the material in the mathematical apparatus of applied
mechanics and numerical analysis are considered in [15]. The creep and durability of
reinforced concrete structural elements is studied in [16, 17]. Similar issues, but for fiber
concrete, are considered in [18]. A finite-element model based on a nonlinear relationship
between stresses and strains in reinforced concrete, taking into account the peculiarities of its
operation after cracking is proposed in [19]. The functional dependence describing this
relationship changes, for example, as reinforcement corrosion develops. The problem of
considering the time factor in calculations of reinforced concrete structures is devoted to [20];
the results of experimental studies of concretes at different levels of compressive stresses
loaded at young and middle age are given.

The above brief review shows that the consideration of creep and the influence of
aggressive environment in the work of reinforced concrete structures continues to be an
urgent problem.
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3 RESEARCH GOAL AMD OBJECTIVES

The purpose of this work is to investigate the stress-strain state of compressed reinforced
concrete elements, taking into account creep and the influence of aggressive environment.

4 RESEARCH RESULTS

Consider a compressed reinforced concrete rod with zones of symmetrical influence of
corrosive environment in depth h, (Fig. 1), the core of the rod creeps at the same time h, and

influence area h, . If the reinforced concrete bar is operating at normal temperature, then the
rebar will not creep.
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Fig. 1. Compressed reinforced concrete element with zones of symmetrical influence of aggressive
environment h,

Let’s make an equation of equilibrium on the axis z

F=N,_+N,+N, (1)
or through stresses o, = o, =05

F=(A-A)o.+A-0,+A-0,.

Dividing (1) by A,:

0'0:(1—,uV)O'C+,uv~av+,us~05~aoi. (2)

An equation with three unknowns is obtained, i.e. the problem is statically indeterminate.
We must use the condition of joint deformation
g =5 —¢,. 3)

The problem is solved in a physically linear formulation, taking into account creep [1].
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(t)J- 20, (t r)d

el = NS
o,(t) | a6, (t 7)
a0=2 (t)j o (z) dz, S

here &(t,7) — total relative strain;

o, (t, T)—iJrC (t,7); o,(t,7)= i+C L(,7), 4

H V

C(t,z) — creep factor.
In solving this problem, we will apply the theory of elastic heredity.
Then C(t,z) for the core and the impact zone has the form:

C(t,7) =Co[1-e 7], (%)

where C, — creep limit.
Accordingto 3) 7. =y, =v.
Let’s write the stresses through the resolvent

5]

t
0, (7) = E{gc(r)+ [z.(OR. @t 7)dz |. (6)
By (3) &, (t)=¢,(zr) instead of &, we substitute ¢, =(o,/E,)-R;, take according to the
creep measure C_(t,7) =C,. [1—e® ], then
R.(t—7) =—rpp e """ (t-17), (7)

»,, = E,C,, — creep characteristic. Let’s write down r, = (1+¢,,) and substitute (7) into (6).

E

S S iz

0.(7) - E{ 7D g, Lo e 00

0,(7) = 0| 04(7) = 1Po. — IG(T) e = ’)drw. (8)

S 7

Similarly write down o, (7)

0,(t) = .| 0.(2) = 700, = j o,(r)- e dr |. 9)

S 7

Substituting (8) and (9) into (2), we get one equation with one unknown o (7).

t t
0, =byo, ()b, [ o, (r)e “dr b, [0, ()e 7, (10)

I 0

where bO = (1_/uv)acs +u o, + U, bl = (1_luv)7/§00c " s b2 =H, YV Py Ay -

The integral equation (10) can be reduced to a differential equation if we differentiate
twice by t [21].

Let us differentiate equation (10) by t.
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t t
d-O (t) = bOd-s (t) - blo_s (t) + rcbIJ.O-s (t) ’ e*"c ) bzd-s (t) + rvaJ.O—s (t) ' e*l‘v (FT). (11)
Let’s multiply equation (10) by r. and summing with equation (11), the first integral is
reduced. In equation (11), the left part of the derivative is &, (t). It means that force F can

change its value over time — F(t).
After summing up the equations, we get:

t
Gy (1) + 1.0, (1) =by5, () =By, (©) +b, [ o, () - e dr, (12)
where b, =b, +b, —r.b,; b, =b,(r,—r.).
Equation (12) is differentiated by t and summarize with equation (12), which will have
to be multiplied by r, .
The integrals are reduced and we obtain a differential equation with respect to o (t).

Force F will be assumed to be independent of t, it’s constant.
Omitting intermediate results, let us write the differential equation

by, -6, (t)+h, -5, (t) +b, - o, (t) =r.r,0,, (13)
where b, =b,(r, +r,)— (b, +b,);
b, =r.rb,—br, —b,r . (14)

If b, =1, we will get

o,(t)+b,-o,(t)+by-o (1) =hy - oy, (15)
where
b b rr
b,==; b ==%; b =L, 16
7 bo 8 bo 9 bo ( )

Let’s solve the equation (15)
o, (t)=Ce* +C,e™ +C,. (17)

Stresses depend on two variables tand 7.
Equation (15) and its solution are written for old concrete when the creep is decaying.
Thus C, and C, we determine from the initial conditions, C, at t — «.

To determine A let’s substitute the solution of the homogeneous part Ce™ into the
homogeneous part of equation (15).

A*Ce™ +b,ACe™ +h,C* =0 and obtain an equation, by solving which we determine A .
A2 +b,A+h, =0,

A, =-0,5b, £,/0,25b* —b,.

The general solution of the homogeneous part of (15) will be

ol =Ce™ +C,e™, (18)

Partial solution with the right part o, (t > ).
For t — o let’s determine the long-term moduli of elasticity.
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Ebc ’ v A N
L+ oy) A+9,)

From the coincidence of deformations for t —» «

I _ Ebc . EI Ebv

o, () zg,o.c(oo):E_ngs =o.q..

El E

S S

Similarly () = o0, .

o,.(x) and o, () we substitute into equation (2).

o, = (- ool + ol +uo,.
From this we find o .

Oy
(1_ /uv)acls + ,leﬂw + H

O-S (w) =

5 DISCUSSION OF RESEARCH RESULTS
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(19)

Stress o () for reinforced concrete rod means, that for t — oo, it is a time, when creep

deformations are attenuated. it could be 10-20 years.

For such a time, the solution of this equation gives a concrete idea of how creep and
corrosive environment affect the stress state of a reinforced concrete rod. but during design,
care must be taken to ensure that the stresses in the concrete do not reach the level of the long-

term strength of the concrete.
Thus, general solution:

o, (t)=Ce* +Ce™ + o, ().

(20)

The arbitrary constants are defined at t =7, , that is, it is an elastic-momentary problem.

We obtain a system of equations
Ce" +C.e"" =5 (7,) — 0, (),
2,Ce"™ + 1,C.e"" =byo,(7,) -
When solving this system, we obtain
C = O (Tl)(bQ — /12) + 0, (Oo)ﬁ e—/llt

" b +4J0,2502 -1,
c =% (r)(by = 4) + o ()4 o et

2 - .

—h, —,/0,25b? —h,

(21)

(22)

(23)

Let’s introduce notations and substitute C, =b,e™™ and C, =b,e ™™ into equation (20),

where
by, = o, (7)(by —4,) + o, (0)4,
b, +1/0,250° b,
b,, = ()0 —A4) + 0y ()4

—b, — /0,250 —b,

(24)
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o,(t,7)=b,-e W +h e =W 45 (00). (25)

By stresses o, (t,7) let’s determine the deformations

&,(t,7) _M (26)
The condition of joint deformation is also true in the case of prolonged deformation.
e tr) = sty =200 _lD), @21)
ES EC
E
o.(t,7,) =0, (t,rl)E—Czacacs, (28)
€V(t,71):55(t,71):JS(LT) :Gv(tl.l') ’ (29)
ES EV
E,
o, (t,7)=0,(t1)= = —=0,t,7)a,. (30)

S

Stresses and strains increase over time. stresses should not be greater than a certain value
and should remain constant over time.

Let this be the operating time t. and stresses o,(tz) and o, (t) no longer grow.

gv(tE):G (t )5 (tE’TZ)!
t
We apply the condition of coincidence: ¢_(t.) =¢,(t:), o.(t:)d,(tz, 7)., =0, (t2)0, (tz, 7,)
we get

ot 7) = o, (t, )502971; (30)
%) 100, ), 0,) =0, () L) @)

S S

Let’s substitute the stress values in equation (1).

= [(AO - Ao, (t —7)+ A ;°(EtE’_T;)) + 4 % (tEE’Tl)}GC (te, 7). (32)

S

If compressing force F. will be determined by this formula, then the stresses will
become constant from the moment t. .

6 CONCLUSIONS

Thus, the stress-strain state of reinforced concrete compressed elements with regard for
creep and influence of corrosive medium is formed in time. A solution of the problem using
the theory of elastic heredity has been obtained, but it can be shown that a solution using other
theories is also possible.
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The above solution is true for reinforced concrete elements exposed to external
influences at a sufficiently mature age, which can be considered one year or more from the
date of the structure manufacture.
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